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a8 W flx,y,z) =x% +2yF +32° +xy +3x -2y - 62,3k grad £(0,0,0) K grad f( 1,1,
).

#  gradf(x,y,z) =fi+f j+[k
=(2x+y+3)i+ (dy+x-2)j+(62-6)k,
grad /(0,0,0) =31 -2j -6k,
grad f(1,1,1) =6 +3j.
9. WHRE u(x,y,z) o(x,y,2) ISR T &R AF 7E B2 kW] .
(1) 9leu) =cVu( Hh e JHED) ;
(2) Vlwzxv)=Vu+xVu;
(3) wluv) =ovVu +uV;

i v Yu —uygr
(4 ) v ( — ] I i
v U"
. ou  du du du du du
(1) V(W}L(rﬁx'{'ﬂy'tr’iz]_{'(ﬂx'ﬂy':‘}z
= ¢t
’ (usv) = Miﬁiﬂiﬂfﬁi@]
() WA & “(.-i'x ax’ay Ay dz oz

duie du du t(f)_ﬂ ﬂ ﬂﬁ)
'(ax'ay’az) ax'ay oz



72 — {BFEFIELR)THIELR

= Vuzx U
o i d .
3 ur)y = —(ue) , — (), (uw)
(3) v ( () -
dn dv du dv  du dv
=f—v+tu—,—v+u—,—v+u—
( dx dx dy Jay oz d:)

du du du dr dv du
=1\ T, T, |+l T, T
( gx  dy ﬂz) ( ax Ay dz)

=vVu + uVe.
o fu ﬁ( )y ofu
( H.t( v }' dy\ v ) ' a;( v ))

) ax dx dy ay oz _ oz

(4) V()

Lyde s g0y o (0e b i
v ( ax’ ay’ 6‘:) »e ( ax’ ay’ oz
vVu = ugyr

By

10, KRS 0= 0ds T Py (1, = 1.2) b7 6 B0 9 1, 56 5K T3 A 77 1 69 75 1

S
du, oJu . du

fiy =i+ —j +—k =vyizi +2xvy + 00k,
? v ax HTJ dz : ¥ ’

Vu | p =2i-4j+k.
7 S SIS R M u=xy"s 6 Py 2bilkn= vu |,
[o) 368 I d e, B0 ) SO
ﬂ*i = | wul, | = [2i-4+k| = /201,
an | p, o
wimy = — v | o= =20+ 47 -k i A e, H Oy i S8R
Au - _ 1
dny | op, - T

% JU A R AR B R H oKX

Gt L. PR S y) (500,00 B9 55 NS BE A % &, T
Jlx,y) = xy

lim =1,

3 Y oL

tad el (pf 4 y7)°
WU I A O Tl il Y B C ).
CA) K000 AN KL fCx v ) (19 BT A
(B) £0C0,0) L fCx,v) (9B A fiT AL
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(C) £(0,0) 8 fx,y) AU/ TS

(D) 88 R4 R IO AW (0,0) B8k f(x,y) BB A

@ A opayx +y W

fAx.y) = xy +p* +0(p*).

M) = (0,0) 8, p—0.

HE T fCe ) TECO O BT 9 0 12 % ek v B LT 2y FE.(0,0) BRHE 77 % AR5 L 8K
W00 00 AN K . y) (B R L BRI (A

[ AT LML 2R B8 AT v =x H ) = —x B HIE Y Il 4T,

flx.x) =22 +4x #+0(x*) >0, flr,-x) = -x" +42 +0(x*) <0,
S CO0) AR,y ) MR IFL A B TE (A
C 2 RS (x,y) =4 x=y) =2t =37 PR,
i 1 R R

K9k s(2, -2).
L A=[f,(2,-2)==2<0, B=f,02,-2)
C=/f(2,-2)==2, AC-B* >0,
L B Ay R A AF (2, - 2) b R KA (2, -2) =8.

0,

a3 R (x,y) = (6x = x7) (Ay =7 ) 9B (.
fife Iy FEEH
f.o= (6 -2x)(4) -»?) =0,
{j" = (6x - x*)(4 =2y) = 0.

A fie b B TLEH % -
vy =0, [x =0, (x; =3, (a; =6, x5 =6,
{_\, = 0. {}-3 =4, {_n = 2. {J'J = 0 {}'5 4.
Ok A EA(0,0),(0,4),03,2),(6,0),(6,4).
A [o(x,y) = =24y ~y%),
[ (x,3)
fo(x.y) = =2(6x - a%).
i e R0 75 90 AR VAL
(i (0,0) 4, A=/ (0,0)=0,B=/,(0,0)=24,C=/,(0,0)=0,4C-
B2 = ~24° <0, 8 f10,0) A& AN -
(i (0, 8) b A=f,(0,4) =0,8=(,(0,4)=-24,0=/,(0,4)=0,1C~
B = —( =24)2 <0, 80 /0,4) A B

i

4(3 -v)(2 -3,
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fEsi(3.2)4.4=/,,(3,2) = -8<0,8=/,(3,2) =0.C=/,,(3.2) = ~18,4AC -
B? =144 >0, R BOPE 20 (3.,2) b HUAS Bl AL B KA (3 ,2) =36,

TEM(6,0)4k A=/,(60)=0,B=/,(6,0)=-24C=f (6,0)=0,AC -
B = = (=24)% <0, f(6.0) A JE0e(h 5

(6.4 0, A=/,(6,4)=0,B=(,(6,4)=24,C=/ (6.,4)=0,AC -
B® = -24% <0, 80 /(6.,4) A 2= B fH.

add. KRB S(x,y) =P (x 437 +2v) BB
[Z3N (YRR

f o= e (2x +2y* +4y +1) =0,
{J‘" = e° (2y +2) =0
e
KI5 - 1)
| |
4 4:;"”(?__]):%::{} R:,f‘(5-|]=

B 09 750 5 P02 ; = ) e O

(4
v 5. SRR 2 =xy EIE G R x + y =1 FEYH KA.
B A A F AR IO I, S0 Ak N 0 R 4 A i) S
Bl x+y=1 WL y=1-x LA z=xy W E L HEK =201 - x) GI 8
KA.

dz

1
— — - — ’!i_ J = —
Hl d_t' l 2,1' U ,‘f T X 2 }{
—~d-f = -2 <.
d,l." &

O, FRLZ AL VI I R A e KIS ' - i e,
S N 1 (I 1A LT I Bl () o IV S AR | B TG
S=x+v+l (0<v <l O<y <.
AR LRI S F 7 + 0 =8 5 AF F 00 5 00 A o) 2
fE 4 A% 191 1T PR
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Lix,y) =x+y+1+A(x* +y -1).

P
%
[LJ =1 +2Ax =0,
L. =1+2xy = 0.
2 A Jz_ \; z
jined = ——— - = .14  TFRrx=y=— e
G x=y TR LA 2% +y° A 2!‘T X =) (f \/m)ﬂ"# nJ fig

A B (8, MR AR ) 250 P It o J0 3 b g KR I A9 L FR *'iﬂff/“;:E‘r:F?I,fﬁuEﬁc‘l-iﬂZ
Kook 1A —1) ff = e b TG i Y 2 I8 B M — e,
E R A, - B R PR B H R Bk R AR A % ) e Bk
FIF A5 30 04 00 L 0T GE R (AL 0, 0 B8 3 26 2 77 R W AL 12 B R R R T Bl /S g i
o - 2L B 7 S2 R ) 26 e £ T AR 4 ) AR B B R ROk . FERR IR IE R L AR
{1l B AR () B 0T A g G 2% 11 B A1 T BBESK S
w7 EEE AT T Rk B R O 36 Kb, 18 A e S K i R el fE
ﬁJé-;lﬁl%”” /I,
fid AR a9 R b, R e, WK it 8 AR R N
A=ab+2ac +2bc(a>0,6>0,c>0).
) G A abe = k.
HERIHE B H BB L(a,b,e) =ab +2ac +2be + A (abe - k) . 1h
(L, =b+2c+Abc=0,
L,=a+2c+ ) ac=0,

L .=2a+2b+ Aab =0,

abe =k,

(/2. /2 fa¥%—M%%&ﬁﬁJHW%ﬁHWNﬂ~EHM$M.

) .. Vo p— 1 s
7 L 25 TR d ) (9 7K b 0 L R GE BB R 2k WS K ry 2k.
w8, AFF 20y 1 W EF x =0,y =0 B ox+2y - 16 =0 T EZKMYHIE T
IR i 2)s.
_ | x+2y 16 |
67 PRI A A Gy ) DU B TR B B AR R s | & I\Hfm#%W"«
WECE Izl

2= 4y + -l—-(x +2y - 16)%.

il



=0,

76 o @E%ﬁ-‘fﬁf%tﬁﬁ}-rﬁﬂ—.lﬁi‘m
% = 21’+-§—-(t+2_\'—!6)
-f-l—:- = 2y + -4--( r +2y - 16)
ay 5

S 79 e — 1] i B 10 ( % ‘5—‘5’ ) R4 ) 40 A% 5 07 0

0 KSR um(—~ %6)

S 9. BT 2p (8 HE 585 09 — U0 T Tl 4 e —
ff A AT [ A AR 1 AR e K02

RN Rl x5

b VR BT R AE PR A TR B V = ma?

al = 2malp - ¥) - @y’
dx

(p=-x).h

e 2
KRG RA x=—p.

T BE S5 ME— |y R a4 A

=0

b 78 1 7 A e ) (1Y 00 2 SE AT

EA . MR KSR E LD

—i KRN p -2 BORIHIELEAS K p - x #)— N TiE

= wa(2p - 3x) =0,

SEAT B KA, BT RSB AV KN

2 g 98 R0 R B 7 B RE B PR K
G 10, SRR TR0 a 9B BLAT S KRB & Oy 4.
B OB AR +y 4272 = (xv,:) REMWNER T IRES — R A8
AT, W A IR R R 2x 2y 22 PR EL R
V =2x+2y+ 2z = Bxyz
& L(x,y.z) = 8xyz + A(x* + 97 +22 - d?),
L, =8yz:+2Ax =0, dyz + Ax =0,
i L, =8xz+2Ay=0, [ 4xz+ Ay =0,
I.=8xy +2Az=0, dxy + Az =0,
Wi r=y=z= -4 A +) +22=a? A = =20 Ma(i = '—) Ay 0] i
4 ‘/ 33

(AR G0 fR T P9 TR AT e A PR B 1y e S 77 AL BT AN S B (R i IS

. 2a_ Topm-
v A1 A —=Inf HAR A R K.
r‘“‘sﬁﬁ.’-}ﬁﬂ“‘{%f‘ TN

Gt 10, AN 2 =% + 9% BEOFI0T x +y + 2= 1 ARG 880 0 LR 80 I 10 30 80 a0 o
85 09 I A e /i
M P L0 A R (e, vaz) DS Y L I'IJIUilllh’l.{I'l{jfl'I YRS Y
At = 7yt o+
oy Rzt 4y vz =1,
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P iR B I ef 3K
L=x>+yv +22 +A(z-2 =y*) +pulx +y+2z-1).
2
L, =2x-2Ax+p =0, (1)
L, =2y -2Ay +p =0, (2)
L.=2z2+A +u =0. (3)

(1 =-A)(x-y) =0.

MA A=18x=y.
1 -
HA=zl=2p=0,z= —-2—.3:{?%.@3,&5{‘%5‘5-
.'-|%r=)’-l’t'./\z=x2 +}'2 Mx+ry+z=1,1%

=220 2x +z = 1=32%° +2x -1 = 0.

r:}’=#, z=2$ﬁ.

T A 30 94 e 6t e
£) -1 - -1 - :
!IMI(—! +.(3 -1 +\.§‘2 _'\/3")‘ .Iwz( 1 ﬁ 1 ﬁ,z +J§)~

2 ' 2 2 ' 2
FhL S T R A B A i A A S 5 AF A T LA S Y e SRR A e/ (3 3
1E X P o5 Zh LA . T

2
2(“ *;iii) + (25 /3)2 =9 %53,

i i KA 5 R/ 5

Ay = dy =+/9 +5/3, dy, =dy =+/9-5/3
b 12, AT — DB AT IS | (x,y) | % + P < UL BB %, PLBE K8 (e, y)
il I 2 T =a® + 257 = x RZ D0 AR A e PR T B ¥ 0L

2 R

-r:” =2x -1 =0,
dx

M _ 4y =0

dy

_ 1 { I
s —=—.0).7, =71 = -
k"lf‘j[.;’( 2 ) 1 , [;.”) 4

fENLR 2 +yr =1 1,
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2
T=2-(x2+x)=—z——(x+~;—) ,
Wy = -—nj HiLR R T, _%,.- =10, AU HF Lavk/hHET, =0,
1 3 9 s kg ]
g 7,7, BT, #J{H%Hl.ﬁﬁﬁﬂ( -5 x‘—'é—)'f =T.£€f-'—3ﬁ{£(7.n].
1
Tnlin - _“4—_'

B 13, R AWER 4x® + 37 +427 <16 958 AR I 88 38 A S sk K02 KR W F 66 %
1 A S AR R A9 (2, 2) AR AOIR L T = 827 + dyz - 162 + 600 3R 5 ) 28 % v
B ARG

& {ERAR B H AL
L =8x* +dyz - 162 + 600 + A(4x% + v* + 427 - 16).

4
L, = 16x +8Ax =0, (1
L, =4z+2xy =0, (2)
L. =4y -16 +8Az =0, (3)

m(1)Ex=0sk A = -2.
Ea= -2 fRA(2)(3) .M y=z= ——5}.;@:&% y=:= - TRANTEN
42 + 4y +4:27 = 16, (4

Boeo= s T FRWE A TR R A (-5,

Fa=0,M(2)(3)()MBA=0,y=4,:20:A=3,y=-2.:=/3:=
-3y = -2,:= -3 FRBANBIS A TGS M, (0,.4,0),
M, (0,-2,/3),M(0, -2, -/3).

Wk 7 Lk T AT RER b e R T |, =T, "i“ Wk R
Y IR S B |
i 2% % 1 ik A B4 40k M(¢3. T 3}.

SRR AR

Bl CRARMf(a,y) =207 ey =" =60 =3y + S (L, =209 44 /8 oL
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B f(1,-2)=5,f(1,-2)=(4x-y-6) | _5 =0,
f01,=2)=(-x-2y-3) | ;.. =0,
fee(1,=2) =4,f (1,=2)==1,f(1,=2) = =2,

A 2KEZORX, M E MU LA RFEINF. X
h=x-1, k=y+2.

¥LLE&TARART LK, EG
flx) = f(1, =2) + (x = (1, =2) + (¥ +2)f,(1, =2) -I-%:(:r: -1)? -

Foull, =2) +2(x = 1) (¥ +2)f,, (1, =2) + (y +2)3,,(1, =2)]

:n-;nw 4(x-1)2 =2(x -1y +2) -2(y +2)?]

=5+2(x-1)3=(a=-1D(y+2) - (y+2)2
2. RREf(x,y) =€ In(1 +y)TEA(0,0) 8 =B B#H LK.

X

x 5 ;Y = oL
B f(x,y)=e'In(1+y), f.(x,))—l+y.

X

fulxy) =efin(1+y) . [ (x0) =7

+y'
Fl
) = - s R ,¥) =e*In(1 + 5
[y (x,y) (1 +7)? Lo (2,7) =€*In(1 +y)
2e*
f?,).‘.(x:}) _{I +y}3.
(h—+k—}f(0 0) =hf.(0,0) +kf,(0,0) =
(,, 3; +k,_] £(0,0) =h%f, (0,0) +2kkf, (0,0) + K/, (0,0)
=2hk -k,
(h :’-x- +;;-—) £(0,0) =h'f,,,(0,0) +3k%k,, (0,0) +3hkf,, (0,0)
+kf(0,0)
=3h%k - 3hk® +2k°.
Pl

f00) =0, h=x, k=y
BT 4R 2 X R

| 3
e“In(l +y) =y + 2}—‘{2.:;)' -y) +ﬂ(3:¢2)’ - 3xy" +2y") + Ry,

o
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R, :J—;—[(h———q-k—) fieh, 6‘“]

h=x.k=y
e 4.r Yy 6x°y* 8xy° 6y"
=] 2*In(1 +8y) + s o - - 0 ).
7 R 2 e rwwr haToww ch rovwr BECRLAS
Ca3. ReR¥ f(x,y) =sin xsin y 7E '—'(— —)ﬂ’}.----ly\fﬁ-ﬁi} o
" fo(x,7) =cosasiny, f,(x,y) =sinxcosy,
S (x,¥) = =sinxsiny, [, (x,v) =cosxcosy,
Sy (x,y) = =sinasiny,  f (x,y) = ~cosxsiny,
foo(x,y) = —sinxcosy, [ (x,y) = —cosxsiny,
S (x,y) = —sinxcosy.
TR
d d ™ T ™ 1 |
(h a+ka—)j(T,T) “"J'-*("I‘T +Af,(-‘1—.-‘-1—) =—h+ =k
a a\iym om ™ m™ T
h — e IRLLINSSLLI, e 2 —— o 2 LS8
(M oo A a) = T ) 20 () 4 5)
S L Y
b4
™ m I T X
/\ 3 ‘4)' 5 h=wog, k=y-os

LA L& TACA B ZE M 24 5L A

Trale 32l el 30

sin xsin y =

I

1

Jo

ot
il

il (g vy reem]

-

Ii= —'_:_Jn':'l—;"
1 | ‘

= - --E’;-[('us_fsin n- (1 - j) + 3sin deos g - (" N I)h(‘ - :]4

3

3oy gﬁill 7 - (‘... _ :)(\ _ 1"]‘ + =in g::'pl.ﬂ" n- (.' = :) ].
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e K L — _T
§_4+6(.r 4), n 4+6(y 4), O<o<l.

cad. FIRIRE S (x,y) =2 B9 =B B2 3 H50 1. 1 O Y3 fRL .
MORRRE f(x,y) =2 AL =BREHAK.
LD =~ |y =1, £,(1,1) =2"Inz ]|y =0,
fa (L) =y(y =122 | ) =0,
fo (1) =(x sy MInx) |y, =1,
£, (1, 1) =x"In*x | |, =0,
(L) =x(y =1 (y=-2)2 | (4, =0,
Fork L5 1) =[(2y-Dx "2 4+y(y-1)x*"*Ina] | a.y =1,
Feps(151) = (22" 'In x4+ yx' " 'InPx) | a.y =0,
[y (1,1) =xIn’x | (4, =0.
X
(1) =1, h=x-1, k=y-1
L L SIALA =B EE oL EG

=1+ (x-1) +,:—|{2(.-r—1J(y-1)f -

3
3!

1 +(x=-1) +(x-1){(y=-1) +~%-(x-|)2fy—|) + R,.

1l

(A it

112 =1 4+0.1+0.1 x0.02+—;-:~:{]. 12 x0.02

=1 +0.1 +0.002+0.0001 =1.102 1.
5. KRB f(x,y) =€V TEL(0,0) /) n By 28 W) 20 2.

(3(x = 1)%(y =1)] + R4

B f(0.0) =1, fxf“vm"'*‘-"H'qur}'ii):l- f,,(ovﬂ)=E“"|m.0)=l.“'.

S (0,0) =t | 0.0y =1 (m=0,1,-,n).

AL
h=x, k=y.

$ UL 2 A A n B E R 2 AL

R+ — I
e "I+{x+}}+2!.

I " RS (x +y)*
+---+;~;~!-(x+y,'l +R, = 5 = +R,,

Jop
R = Eiv+ y)"”—um”” (0 <f < 1).

" .r|l+|.'|!

(x* + 2xy +)’2) +,—:—|—(13 +3x2}‘ + 3xy° +5)
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8= ok

Wl XFHEE&AOTHEADTL(%) Mp, WEMBE(C) o, LM p 5oy
st F#.

p/ % 36.9 46.7 63.7 77.8 84.0 87.5

6/C 181 197 235 270 283 292

W R 05 p ZRIME A X 0=ap + b,
BRI M RSB 6 R 22 F Jr F LR

M = 2!0;- (ap; +b) ]°.

f:;_’l'f == 5 2p,[8, - (ap, +b)] =0,
a =
I% L]
.. S N208, - (ap, + b)] = 0.
ab =
LG
a‘; pl + n'r\) P iﬂ.f’.-
a zp,- +6b = ZB‘:-.
i3 Ay
D> pi =28365.28, > p, =396.6,
Do, =101176.3, N g, = 1458
AT EA N
{23 365. 28a + 396. 60 = 101176. 3,
396. 6a + 6b = 1458,
e 4
4802.5
w NS 5 a3y
‘T 215002 '
b=220 g5 33,
6
JIiPLLR4s 25 Ll 0 =2, 234p +95. 33,
Bt 2. LV - 4092 90 S :"J'(ll ¥i)(x3.93). ,{.‘,I.l,,).Fﬂ;"{ﬂ-'q"-_' SUEN R

A

yo= oaxt 4+ by o+ o
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U e/ AR T a b e T 0T — IR L
fE UL M LA 8 A IR 2 A R

= z Ty = (ax? + bx, +¢) %

aM -
“L“{ 2—22[}‘;—(axf+b:¢l—+c}] . x? =0,

da
aM " " 5 1
< o =——...E:_}" - (ax; +bx, +¢) | +x, =0,
|
aM

e :_22:}. - (ax] +bx; +¢)] = 0.
WH Fa b NIEER =0 —-IKAFEHAWMT .

‘. = ‘{"
“215‘*‘3’;1 +e S x ny“

<ﬂix?+b>l_l‘.x l Z XY s

iy 5 - I
a l x; + 0 }_- x; + ne = .>-' ¥
1=l i=] =1

HaEA \N

it 1. TE" S 077 LT R A SR BT L PR - IR AR S S A

(1) fla,y) TER (x,y) "85 B f(x,y) T L ALIE S Sl (2, y) E
(x,y) FELESE f(x,y) TE VL A 0] B 5100 w1
u)nﬂLaﬂmfwﬂMﬁ%ﬁ”'M#ﬂEﬂxnﬁ AT B4 19

dz

Bl = fCe ) 482 G y) o P05 S o6 BOTE A0 0 57 02 B s “hr et
%A
(3) z=f(x, nl‘l’J{hd'-r’&ﬁm&””ﬂ B,y ) AETE WSS (o, y ) 61K 4T 0] §4Y
i %1
4)%ﬂzﬂhmHWWTJMMﬁM%&iikdzﬂm&HWu%k

dxdy  dydx

A W R A A DoAY A
ik (1) far W%, (2) 6% FEAF.

(3) suor. (4) 9.
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T ARREE RSN Y R BGESE o) e (A RS O TETE ) ] Gl RO
fAES WS Bz AR, HEETRRN

PR 5 e R

Ny

WY = WA 5
2. FEEPH T MASE bk — 4 IE 86 Y 2508
WEAR f(2, V) TE A (0,0 AR BE A A E X, H /(0,0) =3,/(0,0) = 1,0
£ ( ).
(A) dz ‘ (0.0) =3dy ~dy

(B) Mff z=/(x,y) £ (0,0 /(0,0)) 1Y - ikm it A3, ~1.1)

= -(' L
(C) lihi’*%{ J:Jt ) (0.0 (0.0 ) B — 1 Bt (1.0.3)
y;
Z=f(x-.}}- i ke & ) (R
(D) m;ﬁ{ ; fE2500,0 /(0,09 ) iy — 8] i) bt 9 (3.0.1)
y =
BB S, y) TERT(0.0) b BTG4 5 5 BOAFTE R — %8 07 1050 L8 (A) R A

th FeREGEE RS EORGEE o] 805 AT A REMRIE M I 2 =/ (x V) TEL (0.0,
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(2) Hl’fir +2v)do HP D EHPIAITENZ f125 « + v = 2 BRI AL EY A (X3 .
(3) ﬂl_'x3' +3%y + v )de , HP D = (x.v) Osxs10<syv<1

L

(4) [|xcos(x + y)do, b D 2B G751 H4(0.0) . (=.0) M=, =) § = HIEHE
1 |
g (1) J}fxz +3-2J1]a' = Ild.tJ-il'xz +_r:]d_1r

= [ji[x:"- + g]ildx = Jfl[z_r: + -;-_d.r = %,
(2) DATHASGRERN

Osy<s2-x, O=sx=2.
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2 -x
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b
2-3 212-xy : . 20
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J]xuus(x + y)do = Lﬂxule cos(x + v)dy

i

n ) n
= L xisin(x +v) jdy = L x(sin 2v = sin ) da
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(3) mA 10 -4,0=D,ub,,
D, = [(x,y) | -x-1 <y<sxa+l,-1=sx=<0},

b, ifx,y)i.t—lE_vE—x+l_ﬂ$.t$.l}.

i

4



100 — (BFEF)(BEWR) THIEBER
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(1) MEZ y=x BRI +* =4x B LAY A X
(2) M x BRI & + 37 = (y=0) B7 B A% &Y P X 38
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By e
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(3) thijff;;ﬂx.y)dx; (4) fdsz”/_af“_'ﬁfu.y)ay;

e In x : ] sin x
(5) L rl_t'L flx,y)dy: (6) L dx _m%f( x,y)dy.

W) B BT ERS [f(ry)de S D = ((xy) [0S xSy
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| |
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w —aresin y,0<y<1}'V D, = [ (x,y) | -2aresin y<x<sm, -1<y<0|. F£

R = [ af

aresin y
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D,
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Y 2
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D
. -
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O] FRAEZ:=6-2x-3"Z2(0-16§ FEEFrEIEzaE
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10, KT 2 =27 +29y* Fe 2 =6 —2x% — y* JiF BB AR B9 57 1R 69 1R L.

z = a0+ 2y,

® % e 0 = 2 R L RAE 20y T L B

:=6-2x" -y
X 3% K
D= [ (x,y) 2% +y* <2} (& 10 -18).

FIT A 37 A B (R T S 7 il DR PR R 2

V = ﬂ(ﬁ - 222 - y))do - ﬂ(xz + 2y ) do

" ﬂ(ﬁ ~3x% ~3y%)do = ﬂ'{ﬁ - 3p%) pdpd6

inw 2
- L dBJ;r(ﬁ -3p%)pdp = 6.

RN FE 8,9,10 5 bk B A9 R AR B, 3R — 2 B 5L AR A9 o

1 A0 — g Ak W R TE A AR T AR K B, HF HE SR M T L X
S AT 2] TR A N\ B b 2 49 23 1] A BT JLAT B A K A

cad V1 j (4 X B 47 ﬂf(x.r)dxdy TR R ARRIE R M B R RS K

DR,
(1) {(x,y) |2 +y* < a*l(a > 0);
(2) I(x,)')[x2+}*2$.-.’-21];
(3) {(x,y) la> s> +y* = b ,HPO <a < b;
(4) 1(x,y) |0sys1-x0sx=<1}.
(1) mE 10 -19, A ET . D=1{(p.0) |0<p<a,0so<ln|, ¥

ﬂf(x,y}dxd}- = Hf(pms @ .psin 8)pdpdd

2m "
= L dBL f(pcos B,psin 8)pdp.

(2) meE 10 =20, fEHA RN,

OEpEthusﬂ,"—g‘Eﬂ'ﬁ%}.

D = { (p.6)

Hf(x-T}‘lx'l}' = ﬂf(pt'(lﬂ 0,psin 6)pdpdd

T Zeas 8
= J;rlﬂL f(pcos @ ,psin 8)pdp.
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a p=2cos 6
/— p=a

0
= o
”!/u x OMZ )
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gl 10 - 19 & 10 -20

(3) WME 10 =21, FERLERD . D=1(p.0) asp<b0=s0<2n| ik
ﬂf(x._}'}dxd)' = ﬂtf( peos @,psin §)pdpde

21 h
= L dﬂJ- J{pcos B.psin 8)pdp.

(4) DM 10 -22 iR, EM AR FEDP AKX x+y=1 BRI p =

1 1 T =
X D = <p< =g —4 T8
si118+cnsﬁl& {(p'ﬂ}qupﬁﬁinﬂ+cnsﬂ'n<8{2} rok
ﬂtf'( x,y)dxdy = ﬂf(pcuﬁ 8.psin @) pdpd@
fr 1
= L {IBLM o r‘_,fl[ peos B psin @) pdp.
g A
p=
I
p=a
(r S
; Q/a y P Sin 0+cos 0
—h\=a X
J 0 N
() 1 X
& 10 - 21 g 10 =22
b 12. LT 90 R B0y AR ARE ALY KBV,
I > W
(1) L tl,tjl Tz, 7Y dy: (2) L.hj (/v
I V=47 N R
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1= do
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M (1) EI10-23 HEHL y=x KBS XE D5 D,.D, Wi

by = {(p.ﬂ) |0 < p < secd,0 éﬁé%}.

b, = {(p*ﬂ) ’Dép < cse 6.%595%}-

cae

JL sec @ -;-
F = L dﬂJ; f(pcos 8,psin 8)pdp + L dg|  f(pcos 8,psin @) pdp.

Y A
- T
i p=csc b g 25006
D,
1//‘-“ p=sec 'ICI
D, ary
é o d |
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(2) DU 10 - 24 Fim. iR, B4R v =2, 548 y=x Ml y = B2(x=0)
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(3) D 10 =25 R TERAEHEEDP HELy=1-xWITENp =
---------- L wy =T WHEH e = 1K
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1 s
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TR

T
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D = {(p.B} lan fPsec P < p < sec f,0 < 0 < %}
T
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A

(4) 2z =5 =2 =y B x® +y? = 4e.
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S A ool JH o TR R 0 B U K
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P 10 - 48
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1
- 2'"LP(P -p*)dp = g-'-

(AR R ER" A i RGSEE EEVTAHCES.)

(4) TEL AR PN BTN 6N thz = /5 - a7 -y M ad 4
yo=dz iz = 1.

AEEN:z 40 < 1B, D, = [(x,y) |22 +y <4z) %1 <2< ST,
D. = {(x,y) |2 +y'<5-21 (H10-50). F&

1 5
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1 5 N
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1
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= ﬂ[ 2 — 2 — 37 = (&2 %) dady (HIRR A BR)

2w 1 N,
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2w T K
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(#br)
= —dxdy =————— 4aﬂ -mm—]—pdpdf)
bt - p2

/2 2 3
nya —x" -y

T pacosd
4a L zlﬂL ﬁdp
4::’1;{1 - sin 0)d0 = 2a*(mw - 2)

+ v WA 27 = 2 BT ED R R 4 69 ath i if A
SO AE 2Oy 13 F AR X D
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~
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WaREn RNz = V7,

N R 1T N

DB (B s A
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J- 45 T 2R o n) g B R
A= JI [2dxdy = (D W ED) = 2
Jo I B F 42 M 0 WA 1 A AR I 2%+ 37 = R? B xF 2t = REOIFIRSEAR I &
+22 = R M6

iy AL
TN IO I S Vs N A N TRVAR & N = (1 AR R U 3 (T
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S A G TG B A Uy Bl T A A2 ofd ) i BLR 164,
I SRy ;
A= I cx r}z' tlﬂh = | T 4+ 0 dady
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i j—'mn‘r R 3
2
.- *. > LY *, 4!‘
K] 1 I S s (o.;_) +
T

(3) A D LT oIBR8 (A oy) i Fallt b, FREY =0 (F 10-54).

v
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p
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"
3 feos #
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o= f
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f o 5 M (
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= lezde: ydy
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1 x
— 3 y
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Fi Fmar s
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Ga 6. AT -FREEMA T ML ER N o & Ak 0 I W LS F % 8 F A T Y

R S v a1 5
B WP 10 - S5 JER TR p(x,y) = 27 + 0 I EREm Y = 5.
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M = JI( 4y ) dedy = L( :I.t"[]"-.‘(.\': + v ) dy
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T T TR R (—a ia)

5
cat 7. KM = @ B0 1S T 5 i B R AR R (R p = 1)
(1)z = %° +]'2,z =1

(= /AT -y s =ak - Y (A >a>0),:=0;
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2
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B MR O T 2 B x = y = 0L SR AEDY

V = %-17 (A} - at).
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BRI AT 8ol (yy,2) AEBYSTE RN R
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T R VR0 JL AT T AR R 6 i 4 A 3 G 2 SRR & el T H G A T 2 b L, Ik
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l 2Reos ¢ 5
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v £l I
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e 5
SRR VR B O K (0.0,-&--3] .

SEOMCRL L R G o] AR TR S A RO B B JE R R R PR T R e
i AL ) BT A R i B S R LB AR X R M (IS 7 ) s(H X AE S
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Q
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)
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Ky
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- K, (ﬂ:! + “2)_7
1 Ry
- -rrf;rm[ """"""""" —1]
p' + a” R,

|
S|
o
=
r
—
" —
~
]
+
2
——

D KT « xR
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|
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==-2uwGpl h +\/R3 +(h -a)? -/R? +a%].

2B TRNR

G 1. KRB & 248 0 00 B0 BT 0 Y R RS0 A PR
l+x

: 1
(1) lim —--w-d;——-— : (2) |imJ | i+ yidy ;s

1 -
codo 14?4y

2
(3) “TL ycos (xy)dy.

. 1+x ]+ 1 +0 d]' i T
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3 S R 1+0+5° 4
1 | I
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(4) ¢'(x) = [ e""'r( - y‘z)d;f + equs « 2x - e"’ -1
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BT CC) LAY, i 0y = [ (voy.2) [0+ 427 R =0 0200 0 1o Bl d4 -
Xt o SR RN 02 Y 0N X 0z i 3 FR L JH}{I;- = :m::h. ity 1 gt El
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PR R Py R E H 2, 5 03\0, a’e-}=zo.riﬁx-rﬁ:,ﬂmzdn = 2mzdv®_ B

Wik(C).

(2) i DBy =4 R ACa,e) B( —a,a) ,C( —a, -a)(F10-61). #ik 0,B,
i DR ACOB HAAOB Z3F. h TACOB T x Sidt &, AAOB & T y ST FR, i 6A
Blxyv BTy Hlx By REAT eR 8L AT A5

v
'B =d,
(~a.a) Ala,a)
'\\ D]
b
™
b
0 X
C(—a,—a)
10 - 61

ﬂ.‘:‘)'dni}' = JI rydxdy + JI xydedy =0 +0 = 0;

/] SADE LR

L FrHR cosxsiny X F v BRATHMEBL LT « JEMRE AW A

Hc-us xsin ydxdy

1] e ) SAE

cos asin ydxdy + ﬂ cos xsin ydxdy

0+ 2ﬂcn.~; xsin ydady,
[T & (A).
(3) 8F— M FHIE F2) 6T > 1L A RTES BV 38 e BU DU L 15
F(t) = fr(x)dxfdy = f(x - 1)f(x)dx,

F'o)y=Ct-1)/(1),
MoiA F'(2) =/(2). dtik(B).
Wk ()Rl GOx) AT

) { (] B
F) ﬁd_;-f;‘(mlx = J'. (G(1) - 6G(y) dy

1]

f;r:)ffly - ﬁ(;(;)(l_,- = (1-1)G(1) - ﬁ GOy dy.

LS R e B R e G i A IR 15 N 10 - 1R 2 R )(2) i

{1 Ko 4.
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F'ir)y =Gle) + (e -11fte) -6Gley =1t =111t
[
F'(2) = ft2).

w3 HRETFH _FEE .

f.];ﬂfl +x)sinydeg  HR D ETHE 43 A0.0, 01,0,,01.2) 50,1

m
b

A ISR

(2) ﬂfx3 -y )de HF D = (xv) OSy<ssinx0Dsrs =

&

(3) ﬂ'tfﬂz -2t = yide BEh D BEIRE x* + 1 = Rx 57 E 5 a0 [K B
/]

- 5 -

(4)ﬂ(f +3x -6y +9)da KB D = (x.)) 2+ € R

i

B (1)DnFERAHOISY<]+x0<sx<].FE

I

1 | »x
ﬂfl + x)sin ydo = J;de (1 + x)sin vdy
1

L:fl +a2) = (1 +xjeos(] +x) dx

t=1+x : ;: 2
J; ([t = tens I]d-’ — {—_;- — 12N { = Ccos J’]

? +sinl +cos 1 =2sin2 - cos 2.

L= x° d.\'ﬁ‘in td)'

¥ - 3 o "
I x“sin xdx = - xTcosx [ o+ ZL xeos ada
}

(2) #F ﬂxzrla

2 . | L s
T o+ z(xsm X | -L gin .\'tl.r) = 7 -4,
0

™ =1n =
J’ (]IL vady
0

1: z
I—I sinxdy = E—[ sin’ ady !
ik : b

H)‘ do

11

a0 <Ky ;[ sin"xdy = 2L sin vy BRI M IRES - 308 TO13) MRy

1]

g
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)4 ﬂ(x: -~y )do = Hxldo' —H}':da‘ = (m -4) —%
9

(3) FIHS AT, EREERS,

™ T
{(p 8) |ﬂ‘=’~'p Reos 6, -?sﬂﬂ?},

ﬂ’v;Rz - x° -y “do = ﬂ‘v"R' -p pdpdﬂ

Reos 8

j’ dBL JRT — plpd

! Keos @
= - — “- = d
I 3 - RARL J

=

I -{i;—{l - | sin‘g | )d6

2 (T s
= BRL (1 =sin"@)de

3
(33 5(=-3)

MR ZEE sin x n[ —i.o]_z;zlﬁlz,ﬁ'ﬁ&uel - R?cos’0)T = R¥sin®0 il 5. 4%

GEC R R 2 LR B R R
(4) F)FE A B AT 0 J]sxda = U,ﬂﬁytlu =0. %

ﬂ@du =9 x (DMEE) =9k,

g L I N L
ﬂ’)'zriu o L (]HL p sin“@ - pdp

I

3

2n N n "
L sin“@dé - L p dp

i

P Jii A = --}R‘ +9R.

Bad. A F A KRBV
() -4 )

(l}ﬁ dy[ s S dx
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(2) Ll dyﬁlf(x-.y)d.:: + fdyf-]f(.t,_}‘)dx:
(3)L(liI+ _--f(r,;,)th
(1) reh ey KA TR D oy A ﬂﬂx.)')dxd}‘.}{'h D

h“”l‘ 4—y$x$%%yﬂﬂﬂ y < 4J(I10-62) 4 D Fik 20 +d <y

4 -2, -2 < x<0,0f

I{]h:‘} 0 4 —xt
L d)f j(.z.;r}ci:c = j d.t'[ f(x,y)dy.
-2 2 +d ’

vi

|
4 3
y=4-x' y=3-x
» D,
4
¢ ] - y—
=) - i
o ) 0 2 3
% 10 =62 < 10 - 63

(2) Fres R %F —§f My ﬂj'fx.,r)drdy.ﬂ-“‘l-' D=D UD,D = {(x.
VI0=sxs2y0sy<s1! D, = (xy)|0=sx<3 -y, 1 <v=<3/([F10-63).

D 'nj',ﬁjﬁﬁj{(.t,y) !%5}'5_3 —.t.Oﬁx'-F..?}.:]"_'inqs
B = LATJ' Fxv)dy.

(3) FFés Wk Blgr % *TﬁmﬁthMMLHWﬁ—(tﬂ

1]

VI-220<sa<s 1 (M1I0-64). 0D EEkND, UD, Hihb = |

2 o 3 -
x=y 0y D, = ()| 0sesy -V sys2 bR

i 1 ¥ J
B = L dy| flvoy)de + [ ll;-[
0 | J

N Y.
0

G 5. QEW] .

-L |I_;'L v"”""‘.f{ )dy = [1 (a = a)e™ () da

f."‘.
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iy |
2 x=v 2y=)?
D,
l _____
D, ﬁ i
=y
|
QO 1 X
% 10 - 64

LA S RBEF CWR [[on 0 fx) dedy, Feth D = (2,7) |
Hx,y) | asy<a,0sx<al. TR KT R
‘Ld([)’fem(“'”f(.r)dx = Lﬂde e™ ) f(x) dy

- L"(a - x)e™ T f(x) dx.

Osx=sy 0O=<y=<a

6. i‘[_.f”'h"ﬂf(r vy dady 22 098 AR XA B BRI D = | (x,y) [ <

y<1, -l=sx<li.

o OBVRIK L D P 10 - 65 Bk, ik v = ° BB PR TR p = sec ftan 0,
2k v =1 AR T B R p = csc 0, 4 6 = -;T—iFﬂ 0 ={—4—1T=I5-f D 4rag Dy Dy Dy i

91

4 10 - 65

D, .0 = p = sec flan 0.0 =0 < —;

D,:0 < p < esc ;,g- <0<

I
=

3
Dy :0 = p = sec flan !I."&E =
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. 'E‘ sec flan #
[H i ﬂj( x,y)dxdy = L lfBL J(peos B.psin B)pdp +

-I_' s i
J; :IHL [ pecos B,psin B)pdp +

L] see Blan &
J:__,dﬂ : f(pcos 8 ,psin 6)pdp.
a7, iR S x, ) EMIKBE D = (x,y) | 2P+ <y x=0| %%, 0
flx,y) =1 = 2 - }'2 - -Eﬂf(_‘r.y]d,nf_r.
)
R f(x,y).

2 L%tﬂf(x,y}dxdy = ALl

o A

flx,y) =1 = 5% — _\‘2 - i*\

™
M
- i 3 8
J]tf(x,_}'}dxd_}' = ﬂ’\;l - x° — y*dady - —.*‘lﬂ'd.ul}'.
i n w i

v

ﬂd.ul_} = DMEE =

il 8
&G

A = H V1 =2 = yldxdy - A,
A 1

A = iﬂ ST =27 =2 dxdy.
TE AR FR D,

D=1(p,0)|0sp<sing, 0sgs |,
A it
IS ; sin @ 5 P 2
'g-.f'l ~-x? - yidady = J'] df.lL V1 =ppdp = < "9
]
Tt A= o
TIEfs 5"
Ml
Jlx,v) —.,/’I—t -y +*)1T 3
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R oy = 1.2 =0 BB AR 9 4] X &K,

*-” QF - HER KRR =2 +y
R v =1 B4 A, e A Q 7 xOy T L6938 B KR
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X

]

TR AT «Oy Tk, H T e b

D, =1(x0)[¥svsl, -1<
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&9 HETH=&EMRD.
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0) BY% ﬁsuf"a'{’v i s
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Py

i 9 2
E S Gl

Syt a2 = 1 FE R A A

[X B,
(3) ﬂI( v w2 ) de, Horp QB ih 2Oy F I EBRER T = 20 B8 x BUBE S 1 A4 1 oo

LSO o= 5 BT FEL AR A ) DB .
(1) ﬁﬁiﬁ—— I AR, R RGBT
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vy 42" =2R:
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F i s = -mz:d.nl}'d: + 'mzzd.td‘rdz

i, i,
% 3 K )
= L z7dz JI dxdy + L:‘tl: H dxdy
SETRE M T 2 Ve KT LST
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1 ¢ 47 . 59 5
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i
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= —aik- g R = S m R,
60" 6™ 480"
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HI(_FE + 25 ) de

n

ﬂ( _}'3 + zz)(lydzjz_,idx
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2 A8 F ﬂpz(s - &;]pdpdﬂ
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—311'.
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(1) 3 FOOLEX IO, + o0 ) IR TE ;
(2) BEWIY 0> 0 B F(1) > 6(0).
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27 4 f !
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2:f(x3)£f( et = r)dr
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G(t) =
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>
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"
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| 773 5
= 1—533“~/ﬂ‘b' + b7t + czazﬂdedy
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" |ab|
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=
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G 13, R v =2 T2k v = | T B R 6 X 50 0 il I O R ) M T I
y = =1 W55 ah it it
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368

~ 105
Ga 14, WRTE xOy Wi A7 —Fitr 2y M AY I G B2 a9 I i L o A il X B D =
(xy) |+ R y20 WG O P PR A B A — TR m gy
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v

_ _%_{f'..’"f.‘._’f(; —— T)
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[
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_ 4 3h
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3
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w16, - ERIBAT R RAR R IR B b M % FE S ER R R4 A, OF ) 2 BROO 2R 1Y
. HiTREMOEEIT MiTEPLAEZERZD?
B TR T N o R AR, EFEER L r(OsSr<R)ABEYEIE R p(r) =
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[Fxds < [1cay ds,

— If(a-,;.-}ds < j|f{x,}-} ds.

“f(x._;-)ds < I|f(:r.y) |ds.

i 30 THSEF SR IN I A i 2R By .

H)%{x: + ) ds o LB A x = acos £,y = asin (0 < ¢ < 27);

(2) j'f.r ) ds H L ORIERE(1,0) R(0,1) BA AL E;

(Hﬁgxtis.H‘F‘ LA iy = x R4 y = 7 B B a9 X 8 a9 4
mR.

(4) %e‘/" *-":ds,}!;a]l L R x? +_)-2 = a’, fgk y = x ] ox BhE s — S RN Fr
[B] i) B T B R 8

(5) J%ds,,ﬂ-q‘ F}'{J‘Iﬂlﬁx = e'cos L,y = e'sint,z = e' J_.ifﬂlflf;f‘fﬂ

r.t' + ¥ + z

O % 2 L Fral s

(6) nyuls.].i#ﬂ I R4 ABCD X A B,C.D K R £.(0,0,0),(0,0,2),

(1,0,2),(1,3,2);

(7) jfrls,ﬂtlh L 28—t x = a(t —sint),y = a(l —cos 1)(0 <t <2w);

(8) ,,'“.2 + _}-zii.l.:.n"i' Ll x = a(cos t + tsin ),y = a(sint = (cos ()
(01 <27w).

@ (1) %(Iz +y7 )" ds

2n .
= ‘[ (alcost + uzsinzl}"\/f - asin 1) + (acos 1) de
)

K 2
:I a "‘If“ - -2“'” n+|i
)

(2) M LW hy=1-x(0=sx=<l1).

: |
[(X*Y}{IS =LE[I+“ —x) |1+ (=1)7dx =L S2dx = /2.
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(3) Lol Ly Bl Ly PERALE. P L, oy =x(0<xs1) Lysy =27 (0€xs). F A
I I B
%.rds [rds i+ j.t'ds = J’.I x/ 1+ 17dx + L .1.'1,"{]_+ (2x) dx
(3]

[ i

! 1 .
L S2xdx + L x /1 + 4y’ dx

----- (sﬁ +6./2 - 1).

(4) LIHEZREBE OAd:y=0(0sa<a) WAL . x = acos [,y =asin ( (U-.‘-E 5%) Mt

B 93:_’1’=x(0£:r£~ii_)fﬁfﬁ(|’§| It =1).

2
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B
s
4 A
(e a v
-1

Sy 2
1
J("‘“ ds = L e'dy = " = 1,

i

=
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a

&
, ™
L ae’dt = —ae" |
4

¥ ¥ }- f-\ £ 3
t"”: W ds= J; et + 1 dy = e -,
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(5) ds =\/[""T’:)3 vy’ +[:'?] di
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(6) il 12k FE AB . BC fil CD A1RY , Horp
AB:x =0, v =0,:=01(0=t<2); BCix=t1,yv=0,z2=2(0=st<1);
CD:x=1,y=1t,:=2(0=1<3).

- ¥
b J.r “yads

I

rd rd
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&
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2
H

= \r"j.lfij;h (1 = cos f}%llf = ﬁn"‘[; (2§ain2 —é— de
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]
T 4 2 256
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! 2
+ (i) di
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2w
f . ] .
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i
2n

E Lﬁ a’ (1 + 1 )dt = 2rla’ (1 +277).
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7 s 5 30 40 3 B 4 w(“‘“’:‘ 0 ]

)
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G S, BMIEEHE BB x=acos t,y=asint,z=k, H P 0si1=2% EHY2%
BE p(x,y,z) =2 +y% 427 K.
(1) EXT = G a5 sh B 7,
(2) EMEAL.

o)1, = J(::z + v ) p(x,y,2)ds = J(.tl + ) (2% + 97+ 22 )ds

it

27
L a’(a’? + k) \/( ~asin t)? + (acos )" + K dt

e m
nz\/ﬂ? - k!L (a® + K21* ) dr

= i'rmza.;ﬂ: + k2 (3a® +47°k%).

(2) GO RN (x.y.2).
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2 PR
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1

|
il
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1
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i
= [2ktcos 1]27 -L 2k cos tdt = 4mk?,

aa® +k 4wkt 6ak’
% L

ENiid X = 5 : —
ZaJad + k2 (3a° #47°k) 3a® +4mk
Ay,
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z 2 2x
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JP(A.}')‘L‘I’ = J. P(x,0)dx.
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B
F & J’f’(,t._r}d.t = J: P(x,0)dx.
i 3. PR A6E A A Y i 2R B
(1) I(-‘fl =¥ ) dx, B LRI y =7 1 MRE(0,0) B (2 ,4) 09— B0
(2) tf[;ﬂth Hopt L B (x = a)® +3° =a® Ca>0) K x S007F BB RCAY 76588 — 4]

P A DX S A B A i B (R S L e B AT )
(3) J’Hh +ady, Hotp L 4 ] x = Reos t ,y = Rsint |2 4R ¢ BLO flj—ﬁj -E&3

‘”fﬁh” PO e LB )7 = a® R BT

x* +y
(5) [ dx +zdy —ydz, Horpt Wy hi2k x = k6. vy = acos 6.z =asin @ |- 1 9 MO
J,

(6) J'xdx +ydy + (x +y = 1)de, Hop PR (L, D #[5(2.3.4) 09 B 12k
J

(7) §dx —dy +yds JLeb I AT 1726 ABCA IR A, B € KW £5.(1.0,0),
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(a)fu ~2xy)de + (37 =20)dy Hith L R v = EMAC- 1) F
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(1) I(.rj -y dy

]

2
L (27 = a*)da
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y L,
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[ MO B
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Ly AT e B v =0 ,x W0 EF 2a. T ik

%.1‘_1'dx = I.t}'d.\' + J,l‘"l'l’,l_l'
L L=

L

-

L a(l +cost) ~asint » (= asint)dr +0

i

i x 2 o - )
= - g (I sin-idt + L sinTlcos I(ll]
)

=-—ﬂ"‘(1 +ﬂ)=—-—-—n'.

]

(3) J-_'I-'d.l' + xdy = L? "Rsint (= Rsin¢) + Rcos t - Reos 1t dt

.

HEL: cas 2tdr = 0.

() L BE N x=acos t,y =asin £, MO FEH 2. T

i L ) ) ) )
= —| [a(cost +sint) » (= asint) —alcost - sin t) - acos t|dt
i~
| 2n
= - {—r;z)tli':—Z‘lr.
a”
{(5) J.‘EI{L\' + zdy - ydz
!

= I“?klﬂl +k 4+ asin 6+ (- asin @) - acos @+ (acos 6) |d0
) L

]
—---ﬁ'" ‘\l'.l'3 - uzTr.
3

(6) M4 MBI BN x=) +0,y=1+20,2=1+30,0 WO EF 1. TR

- J:u-‘a? -a’)dt =

[
Mht:[nlr“ $0) 1+ (1 +20) 2+ (b 40+l +20-1)-3]de

|
:L{ﬁ+MHM:Il
(7)1 i A7 12 B AR BC , CA 4 0% 45 i il L Herh
AB:x = 1 =1,y =1,2 = 0,0 WO EF] 1
BC:x =0,y =1 =t,z=1,0MMN0EFI;
CAcx =1,y =0,z =1 00 MO EF 1.

n

I
I|{-1} 140 dt = -2,
]

J
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| 3
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L
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1
J,dft'*dj.‘i-}'d: ;L[l 0 +0)dt = 1,

3 I
[X] it fd.t —dy + ydz = -2 + 5— + 1 = ?
f
(8) j (2% = 2xy)dx + (¥* = 2xy)dy

!
=J-I:(-\“2 ~2x+x7) # (xt = 2x27) 20 da

1
- II(2x5 ~d4x% -2x7 + ) dx

[
= ZL(—-ﬂ-x" + 22 ) dx =-%.

@, ity j(x +y) da+ (y —x)dy o L&

(1) Sk v* =x (1, 1) B 45 (4,2) 89— B,

(2) M (1, 1) B (4,2) 8 1R L

(3) SIS ELR S (L, ) B (1,2) SR M (T4 545 (4.2) fUdT ek
(4) Mk x =20 +e+ 0y =0 + 1 LA, 1) F 5 (4,2) /9B,
() fenry BB Lix =y oy 1R 2,

gt = ﬁ'[u-* #v) + 2y + (y=y)  11dy

- ’ A it . ._E
PL(E; + "+ v)dy = 3

(2) LR y =1 =51 (x=1) Wlx =3y -2,y M1 AFI2 fL Rl y #7E B

SR A
2
B = [[By-245) 3+ (r=3y+2) - 1]dy

2
= L (10y —4)dy = 11.

(3) 9 Ly MM ECCT )BT 2 A9 A7 28 B Ly O MO O 2 Al (4.2 89 fy
I ZEEL W Lycx =1,y AV EF 2: 0, v =2 0 M1 BRI 4 L, Lode=0:70 1, |,

dy =0. F i
J-{.l' +_‘r]tLr + (y - _r}d_} = L.(‘-, - i)q|_| = _1 .

4 27

f{,r+_1']t|1‘+ (y =)y = [ (v e 2)de =
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M it
. 27
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20 +1+1 =4
2

_ 20 +1+1 =1,
(4) m{ : AT =0 m[

- +1 =1

W e=1. HK

“+1=2

I
s = L:(2f3+:+l +15 1) - (de+1) + (541 =202 =1 =1) -2t)de

1
:L(IU£3 +50° + 90 +2)de =§32.

S I M A R AR S F TR R BRS — R m 89 B A T
eyt = RY i 7 16 B i O — R g IR — BR U 85 7 B 4 30,

4 Mg F=(|F|,0),L:x=Recost,y=Rsint,t O EEEEJ%,E:UJ:B

W= Jr.F- dr = !‘Fldx + Ody

I

= ifg[]!{wﬁ'sint}df =~ |F|R.

a6 PE S E 0 B R BT R m BT R LB (%L yy 2 ) T AR B
(x3,¥ .25 ) BF 8 07 BT AE 64 2.
B OENF=(0,0,mg) BafahpyNkmiE LATREY
x=x, + (x5 =2, )¢,
y=y + (3 -ndt, ¢ROEF L

z=z +(z3 -2, )t,
T Ak W = jF - dr = Jﬂdx + 0dy + mgdz
) I

1
- L mg(zy -2 )dt = mg(z, - 2,).

ad 7o A RF A B ) IR FL5p jf’(x,)'] doe + Q(x,y)dy TR0 IR AR A g b L

(1) 75 Oy TP PLZE A 80,0 A5 (1,1) 5

(2) P y =x* M (0,0) F 8 (1,1);

(3) #5 LoRBE < +97 =22 0,00 B85 (1,1).

B2 (1) LOMAATC0,0) B 1) B AT R 28 B, B LA A b 4 B ) Rk 64 5 10 A

- 1
S I cos a = cos B = cos 4 =, Tl
J2

J;J{I‘I)ljx + {)(-‘-.T}'h': f‘l P(I.J’}““ﬁ o + U[.\:‘)-)ruﬁﬁ}ds

I
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-

._ V2
(2) L IR (580 Rl e = x,y = 2% o i /NED KM 0 30 1L KL B9 YT
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W Bt 7= (10" (x)) = (1. 2x) LS 2R eg A

1 1 vi(x) 2x
Cos @ = = . cosf3 o= e 3
V1 +v3(x) /1 +4x° J1+y 2 (a) 1 +4
» . T
F I IP{-Tt_I')‘]I + O(x.v)dy = j.f_...{_;"._'l] + 2x0Q(x,) }tl.‘i .
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(3) L PR BEO B cx = v,y =20 =% /NN 0 25 1 AL L
(9 470 ) ik 49 25 16 AR 4% K
I I 7 __.‘.
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1+ 9" i - .
Mt i)
\/21:—1’
cos B = y (x) S Mk J2x =2t =1 -x,

STy () Jre-s
F R
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AT A ek
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(20 § 7 =ty dve (7 = 200) dy SR LR PAS TS B0 (0,0),(2,0),

(2.2) F(0,2) AY (E Jr I8 X0 18 o) i 5.
21 Bl R EIFR. ICL sy =2t WO BFH 1
Lyix =y M1 EFIO(E 11 -4). TR
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11 -4
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1 0 %
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I

i 0 i
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)

I

7 17 1

6 15 30

P a
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ay ox
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i LLES oy A
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I
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: L
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[ L

ax Ay

(2 I E L =S AT PR EE OA AR BC FI CO LI,

I

, 2 8
J'E =y ydx + (7 - 2xy)dy L dx = 3

(1]

2 8
Jl'.vr‘1 ~ oyt pda + {‘1-3 - 2xy)dy = L ()"I -4y)dy = 3 -8,
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2 3 2 A N P _ _ 8
(x ay” )dx + (y 2xy)dy = [ (=« 8x)dx = 16 T

)
J(xz - I)"‘ Tdx + (_'.'2 - 2xy)dy = J:(}‘zd_}' = - -g-—,

R
) ] 8 8 8
l]f{j;t =-3—+(?-3) +(16-_T}+( -T) =3,
|
2(: B(2.2)
D
A
0 T2 x
M1 -5
b
3{ ﬂg = - 2".!?_{' — - 3‘1’1"2 3
0x iy '
aQ  ar o e 2 ;
JJ(E" - :};.-)dxdj = ﬂ[ 2y + 3ay" Y dady
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= L tl.‘(‘L (= 2y + 32y )dy
2
= L (8x - 4)dx = 8,
T frax + gay = (20 - P)qua,

Eat 2. M E AL AY L KT 50l 2 T ] Ak % 1 9 A% i L
(1) BBLL x = acos™t,y = asin’t;
(2) M 9x° + 16y = 144,
(3) W %% +y* =2ax.
W (1) EmRIBRN SR DN S8 N0 BF] 20 (ML
A= Hniy — yd

I

Ia
2_ 1]
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1
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3a’ (27
= — sinfteostdt

2

= 3; L-r—l.—(l - cosdt)dt = %’nuz.

(2) IEBHE 9x* +16y° = 144 B BRI N
x=4dcost,y = 3sint,0 N0 EF 2.

A= %3}1({}' = ydx

iw
- %J’l [dcos t + 3cos & = 3sin t( = 4sint) [ dt
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(3) IEMBRE x® +y =2ax, Bl(x-a)* +y = WBEHBHY
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xdy = ydx = x, v, = x,¥,.

A

(e n 10 JE2 1) o F2

A -;—-j&rd_r = ydx = ;*( j + J + e & j + J)Iii}' - ydx
! Meir, L3

T sy,

C(xyys =Xy ) F (v —xays ) e+ (x, yy, —xy, ) () - xy,)
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w60 GIEH] R il 2R B TE R 20y TP S AR EOC RIS B 1R

(2.3)
(1) jl iy (x + y)dx + (x - v)dy;

(3.4 \ N \
(2) ,'I c6xyT =y )da 4 (6x7y - 32y ) dy;
JLl.2)

A20)

(3) J Ly (237 - e 3de + (27 -4t )dy.

B (1) PRECP =x+y,0Q=x-y (E¥A xOy WX A% X BWN, 1A —Brik
gl 8 H
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dx ay
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(2,0),NH(2,1),0
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ay
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(3) I FP= 2.1'}"‘ - 11-21-{1.-: v, Q=1 =2ysin v+ 3.1‘1}: 7 xOv iy LAy
SR A

=
-

A

all ) ap
( - - EI\'HH X 4+ by =

ox i) ’

G EPIR AN S A0 T 1R i Vo SO R L AR S o 4 S A G TE TR L R e

(0.0).R };(%.u).w :tJ( ;’.1)( CRIERAN

Lo

¥

7 . 2
AN :-[ “*lh'+j (l - 2ysin m +3~w \")tll
| ) ' P 4



Ft—% HERSSHERS 181

=L'(1 -2Jr+%ﬁ3y2)dy ="’T2.

(4) HF P =2 -y, Q= - (x+sin’y) £ x0y M A SL4 — B IE 45 0 % 0, L
Wo =LA E S SHEEL TREERSBE L SR FRBE
ORN, Hop 0 J3(0,0) R R(1,0) N AL, 1) (E 11 -8) .15

B = J:.r?dx -Ll(; + sin?y)dy
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a8 W iE FH P(x,y)de+ Q(x,y)dy FE8A xO0y F 1 P9 /25 — o8 Bu(x,y) @
el IFREEN — 4 u(x,y)
(1) (x +2y)dx + (2x + y)dy;
(2) 2xydx + widy;
(3) 4sin asin 3ycos xdx = 3cos 3ycos 2xady;
(4) (3%y + Bay® )de + (x° + 82’y + 12ye’ )dy;
(5) (2xcos v + yicos x)dx + (2ysin x — ¥%sin y)dy.

a0 (1) fEWA xOy Wi, BB P =x +2y,Q =2x +v JLAT— By 25w 5 30, HL
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ulx,y) = L 2x - Ody + I x*dy = ¥°y.
)

(3) fE¥ 4~ xOy if N, P =4sin xsin 3veos x f{l 0 = —3cos 3veos 20 FLAT - fhikés
e S 8K, TL
all . aP

—= = Ocos Jysin 2x = —
dx )

WO 2R FB AR E — AR w () B RRUE. W (x0x) = (0,0) £
w(x,y) = J’T(} “dy o+ Ll{ — 3cos 3veos 2x ) dy

= = sin 3ycos 2.1';“

= - cos 2xsin 3y,
(4) 7E8A Oy TN . BBE P =32y + 807 FI Q =x" + 87y + 12ve’ ILA] -
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